O6uime NOHATUA PeNALMUOHHOro Noaxoaa K opraHusaumnu bl. OcHOBHble KOHLIENUWUU U TEPMUHbI

[omeH - onpegenseTca nyTem 3a4aHNA HEKOTOPOro 6a30BOro TMNA AaHHbIX, K KOTOPOMY OTHOCATCA
3/1eMEeHTbI IOMEHa, U NMPOMN3BOJIbHOTO JIOTMYECKOTO BbIPAXKEHUSA, MPUMEHAEMOTO K 3/1eMEHTY 3TOro TUna
AaHHbIX (02paHuYyeHUA doMeHa). INeMEHT AAHHbIX ABAAETCA 91eMEHTOM AJOMEHA B TOM M TO/IbKO B TOM
clyyYae, ecv BblUMCAEHME 3TOTO NOTMYECKOTO BblPaXKeHMa AaeT pe3ynbTaT ucmuHa (ANA NornMyYeckmx
3Ha4YeHuit Mbl Byiem nonepemeHHO UCNOoJ1b30BaTb 0603HAYEHUS UCMUHA W A10Xb Unn true v false). C
Ka*KAbIM LJOMEHOM CBA3bIBAETCA MMSA, YHUKA/IbHOE Cpean MMEH BCeX JOMEHOB COOTBETCTBYOLWeN 6a3bl
OaHHbIX.

3a20n08kom (nnu cxemolii) omHoweHuA r (Hr) Ha3biBaeTcA KOHEYHOE MHOMECTBO YNOPAA0YEHHbIX Nap
BMAa <A, T>, rae A Ha3blBaeTca umeHem aTpubyTa, a T 0603Ha4aeT uma HeKoToporo 6a3oBoro TMMna Uam
paHee onpeaeneHHOro AomeHa. Mo onpeaeneHuto TpebyeTca, YTobbl Bce MMeHa aTpUBYTOB B 3aro/1oBKe
OTHOWEHMA BblN Pa3NNYHBI.

Kopmestem tr, COOTBETCTBYHOLLMM 3aro/I0BKY Hr, Ha3blBAETCA MHOMECTBO YNOPAAOUYEHHbIX TPUMNNETOB
BMAA <A, T, v>, MO OAHOMY TaKOMY TPUNAETY ANS KaXK40ro aTpubyTta B Hr. TpeTuid aieMeHT — v — TpunjeTa
<A, T, v> lONKEH ABAATLCA AOMNYCTUMbIM 3HaYeHWeM TUMa AaHHbIX UM gomeHa T.

Tesn0M Br OTHOLLEHUSA r HA3bIBAETCA MPOU3BOJIbHOE MHOMKECTBO KOPTEXKEN tr.

3HayeHuUem Vr OTHOLLEHMA r Ha3blBAETCA Napa MHOXKECTB Hr v Br.

MNMepemeHHoli VARr Ha3blBaeTCA MMEHOBAHHbIN KOHTEMHEp, KOTOPbI MOKET coaeprKaTb Noboe
AONycTMMOe 3HaueHwue Vr, ECTecTBEHHO, UTO MpuY onpeaeneHum toboi VARr TpebyeTtcs yKasbiBaTb
COOTBETCTBYHOLMI 3ar0/I0BOK OTHOLIEHMSA Hr.,

CmeneHblo, NN «APHOCMbI0», 3ar0/I0OBKA OTHOLIEHWA, KOPTEXKA, COOTBETCTBYIOLLLETO 3TOMY 3ar0/I0BKY,
TeNa OTHOLWEHMA, 3HAaYEHNA OTHOLLEHMWA U NePEMEHHOW OTHOLIEHUS ABAAETCA MOLLHOCTb 3aro/10BKa

OTHOLWEeHHUA.

Cxema penayuoHHoii 6a3bl AaHHbIX Habop nap <umsa_VARr, Hr>, BKIOYAOWMIA MMEHa M 3aroI0BKU BCEX
nepemeHHbIX OTHOLLIEHWA, KOTopble onpeaeneHbl B 6ase AaHHbIX.

PenayuoHHasa 6a3a 0aHHbIX — 3TO H360p nap <VARr, Hr> (KOHE‘-IHO, KaxaaAa nepemeHHaA OTHOWEHNA B
Nto60on MOMEHT BpeMeHUn coaepHnUT HeEKOTopoe 3Ha4yeHne-oTHoLeHne, B HaCTHOCTHU, nyCToe).



dyHAaIMEHTaIbHbIE CBOCTBA OTHOLIEHUM

OTcyTcTBUE KOpTEXKen-ayb6anKaToB, NepBUUYHDBIA U BO3SMOMKHbIE K/OYU OTHOLEHUI. Teno ntoboro
OTHOLIEHMA HUKOFAA HEe COAEPKUT KopTeKen-ayb6anKaToB, cnesyeT U3 onpeseneHuns Tena OTHoWweHuA
KaK MHOeCTBa KopTeKeN.
OTcyTcTBUE YNOPA[0YEHHOCTU KopTexKeid. CBOMCTBO OTCYTCTBMSA YNOPALOYEHHOCTM KOPTEKEN B
3HAYEHMM OTHOLLIEHUA TAKKe ABNAETCA CAeACTBUEM ONpene/ieHns Tefla OTHOWEHMA KaK MHOXKeCTBa
KopTexei.
OTcyTCcTBUE YNOPAAOUYEHHOCTU aTpUBYTOB. ATPMOYTbI OTHOLLEHWUI HE YNOPAA0YEHbI, MOCKO/IbKY MO
onpeaeneHunto 3aro/IoBOK OTHOLIEHWA eCTb MHOMKECTBO Nap <umsa atpubyTta, UMa JoMeHa>.
ATOMapHOCTb 3Ha4YEeHUI1 aTpUbYTOB, NepBan HopmasibHaAa popma OTHOLWEHUA. 3HaYEeHUs BCeX
aTpPUBYTOB ABNAIOTCA aTOMAPHbIMUK (BepHee, CKansipHbIMM). ITO creayeT U3 onpeaeneHns JOMeHa Kak
NOTEHLMANbHOTO MHOMECTBA 3HAYEHWUIN CKANAPHOrO TUNA AAHHbIX, T. €. CPey 3HAYeHUI JOMEHA He
MOTYT COZEPKATbCA 3HAYEHMA C BUAMMOMN CTPYKTYPOI, B TOM YMC/IEe MHOXKECTBA 3HaYE€HWUI (OTHOLIEHUS).
Mepeu4HbIM KAOYOM NEPEMEHHOWN OTHOLIEHMA ABAAETCA TAKOE NOAMHOMECTBO S MHOMECTBA
aTpubYTOB ee 3aro/ioBKa, YTO B It060e Bpems 3Ha4YeHUe NePBUYHOTO K/toYa (COCTaBHOE, ecin B COCTaB
NepPBUYHOrO Ktoya BXoauT 6os1ee ogHOro aTpmbyTa) B 11060M KOpTeKe Tesla OTHOLWEHMA OT/IMYaeTca oT
3HaYeHMA NEePBUYHOIO KAtoYa B 1t06OM APYromM KOPTEXKE TeNla 3STOr0 OTHOLLEHMS, @ HUKaKoe
CcO6CTBEHHOE NOAMHOMKECTBO S 3TUM CBOMCTBOM He 061aaaeT.

OcTanbHble MMHMMAbHbIE Habopbl aTPUBYTOB, 061a4atoWMe CBOMCTBOM YHMUKANbHOCTH,
Ha3blBalOTCA BO3MOXKHbIMU K/lO4AMMU.

PenAunoHHaa mopesib AAHHbIX: 06Lliee NOHATHE U COCTABHbIE YaCcTU.
CTPYKTYpHas, LLeIOCTHaA U MaHUMYIALMOHHAA YacTb.

Modenb daHHbIX (B KOHTEKCTe 061acTh 6a3 AaHHbIX) ONMCbIBAET HEKUIA HAabop POAOBbIX MOHATUI U
NPU3HaKOB, KOTOPbIMU AOMKHbI 061a4aTh Bce KOHKpeTHble CYB/, 1 ynpasasemble MU 6a3bl AaHHbIX,
€C/1M OHWM OCHOBbBIBAOTCA Ha 3TON MoAEeNN.

TpeboesaHuem yeaocmHocmu cywHocmu (entity integrity): y nioboii nepeMeHHOo OTHOLLEHNA AO/IKEH

CyLLEeCTBOBATb NEPBUYHbIN KU, M HUKAKOE 3HaYeHUe NepBMYHOTO K/koUa B KOPTEXKax 3HaYeHus-
OTHOLLEHMA NEePeMEHHO OTHOLLIEHNA He A0/IKHO COAePKaTb HeonpeaeeHHbIX 3Ha4YEHU.

ATpubBYT TaKoro poaa (BO3MOXKHO, COCTaBHO) Ha3biBaeTCA 8HEWHUM Karo4dom (foreign key),
MOCKO/IbKY €ro 3HayeHMs 0AHO3HAYHO XapaKTePM3YIOT CYLLHOCTU, NPeACTaBAeHHble KopTexamu
HEKOTOPOro APYroro OTHOLEHWA (T. €. 334at0T 3HAaYEHUA X NEePBUYHOTO Ktova).

Tpe6oBaHMe LENOCTHOCTU NO CCbIIKaM, UM MpebosaHue Yes0CMHOCMU 8HEUWHE20 KAloYd, COCTOUT B
TOM, YTO A8 KaXKA0ro 3HaYeHNA BHELIHEro K/to4a, MOABAAIOLLEroca B KOPTEXKE 3HAYEHMUA-OTHOLEHMA
ccblnarowenca nepeMeHHOM OTHOLWEeHNs, NMB0o B 3HAaYEHUN-OTHOLIEHUM NepeMeHHON OTHOLWEHWA, Ha
KOTOPYIO YKa3bIBAET CCbI/IKA, AO/IKEH HAaNTUCh KOPTENXK C TAKUM »Ke 3HaYeHMeM NepBUYHOro Katoya, 1Mbo
3HaYeHMe BHELLHEro K/ato4a A0/KHO BbiTh MONHOCTLIO HEOMpPeAeNeHHbIM (T. €. HX Ha YTO He YKa3blBaTb).
34ech CyLecTBYIOT TPU NOAX0Aa, KaXK bl N3 KOTOPbIX NOAAEPKUBAET LeIOCTHOCTb NO CChINKaM.
Mepsblid NOAX0A 3aK104AETCA B TOM, Y4TO BOObGLLLE 3anpellaeTca NPpoM3BoAUTb YaaneHNe KopTexa, A1a
KOTOPOTO CYLLECTBYIOT CCbUIKM (T. €. CHavyana Hy»KHO Anbo yaannTb cCbiiatolmMecs KopTesku, 1nbo
COOTBETCTBYIOLMM 06pa30oM U3MEHUTb 3HaUYEHUA UX BHELWHEero Kato4a). Mpu BTopom noaxoae npu
yAaneHnmn KopTexa, Ha KOTOPbIA UMEIOTCA CCbINIKM, BO BCEX CCbIAIOLLMXCA KOPTEXKax 3HaYeHme
BHELLHEro Kao4Ya aBTOMaTUYECKM CTaHOBUTCA MOJIHOCTbIO HeonpeaeneHHbIM. HakoHeL, TpeTuii noaxos,
(kackagHOe yaaneHne) coCTOMT B TOM, YTO NPU yAaNEHUN KOPTEXa U3 OTHOLWIEHMSA, Ha KOTopoe BeaeT
CCbINKa, U3 CCbINAIOLLErOCA OTHOLLIEHUA aBTOMaTMYECKM YAANAIOTCA BCE CCbIIAIOLLMECA KOPTEKMN.



PensumnoHHas anrebpa Kogaa

OcHOBHaA wupea pPenauUoOHHON anrebpbl COCTOUT B TOM, YTO KONb CKOPO OTHOLWIEHUA ABAAIOTCA
MHOecTBaMu, CPeAcTBa MaHWUMY/NMPOBAHUA OTHOLIEHUAMU MOryT 6asnpoBaTbCcA Ha TPaAULMOHHbBIX
TEOPETUKO-MHOMECTBEHHbIX OMepaumax, AOMNOJIHEHHbIX HEKOTOPbIMM CreuuanbHbiIMU onepaumamy,
cneunduUHbIMU ANA PENALUOHHbIX 6a3 AaHHbIX.

e [pu BbiNONHEHUU onepauumn 0b6veduHeHus (UNION) aByx OTHOLLEHUIA C OANHAKOBbLIMMU
3aro/I0oBKaMu NPOM3BOAUTCA OTHOLLEHWNE, BKIOYAIOLLEE BCE KOPTEXKM, KOTOPbIE BXOAAT XOTA Obl
B OZHO M3 OTHOLIEHUN-ONEPAHAOB.

e Onepauus nepecevyeHus (INTERSECT) ABYX OTHOLLEHMI C OAMHAKOBbIMU 3ar0/10BKaMM
NpPon3BOAUT OTHOLLEHWE, BKAIOYALOLLEE BCE KOPTEXKM, KOTOPbIE BXOAAT B 063 OTHOLLEHUSA-
onepaHaa.

e OTHOwWeHMe, aBnsawLweecs pazHocmoto (MINUS) ABYX OTHOLIEHUI C 0ANHAKOBbLIMMU
3aroN0BKaMM, BK/IIOYAET BCE KOPTEKM, BXOAALLME B OTHOLIEHWE-NEPBbIM OnepaHa, Takue, 4To
HU OOMH U3 HUX He BXOAMUT B OTHOLLEHUE, KOTOPOe ABNAETCA BTOPbIM OnepaHaoM.

e [lpu BbINONHEHUU OeKkapmosa npouseedeHus (TIMES) gByx OTHOLWEHWI, NnepecevyeHme
3aroN0BKOB KOTOPbIX NYCTO, NPON3BOAMUTCA OTHOLLEHUE, KOPTEXMN KOTOPOro Nnpon3soaATca
nytem o6beAnHEHMA KOpTeXel NepBoro U BTOPOro onepaHAos.

e Pesynbratom oepaHuuyeHus (WHERE) oTHOLWEHWA NO HEKOTOPOMY YCI0BUIO ABASETCA
OTHOLLEeHMe, BKIoYatoLLLee KOpTeXn OTHOLWEeHUA-onepaHaa, yaAoBAeTBOpAtoLLLEee 3TOMY
YCNOBUIO.

e [lpu BbinosiHeHUU npoekyuu (PROJECT) oTHOWEHNA Ha 3a4aHHOE NOAMHOMECTBO MHOMECTBA
ero atpMbyToB NPOM3BOANTCA OTHOLLEHNE, KOPTEKM KOTOPOro ABAAKTCA COOTBETCTBYIOLWMMMU
NoOAMHOECTBaMMN KOPTEXKEN OTHOLUEHMA-OMNEPAHAA.

e [lpu coeduHeHuu (JOIN) aByx OTHOLUEHMWI MO HEKOTOPOMY YCNOBUIO 0bpasyeTca
pe3ynbTUPYIOLLEE OTHOLIEHME, KOPTEKM KOTOPOro NPON3BOAATCA NyTeM 06beaMHEHNA
KOpTeXKel NepBoro n BTOPOro OTHOLLEHWI U yA0BAETBOPAOT STOMY YC/NOBUIO.

e Y onepauuu peaayuoHHozo deneHus (DIVIDE BY) aBa onepaHaa — buHapHoe M yHapHoe
OTHOLWEHMUA. Pe3ynbTUpytoLLee OTHOLEHNE COCTOUT U3 YHAPHbIX KOPTEXKEWN, BKAOYAIOLLLNX
3HaYeHMA nepsBoro aTpmbyTa KopTeEXKel NePBOro onepaHaa TakMX, YTO MHOXKECTBO 3Ha4YeHUM
BTOpOro atpubyTa (Npu PUKCMpPOBaHHOM 3HAYEHMM NEPBOro aTpMbyTa) BKAOYAET MHOXKECTBO
3Ha4YeHMWI BTOPOro onepaHaa.

e Onepauus nepeumeHosaHus (RENAME) npon3BoauT OTHOLIEHME, TEe/I0 KOTOPOro COBNAaaaeT C
TENIOM onepaHAa, HO MMeHa aTpMbyToB U3MEHEHDI.

e Onepauwua npuceausaHus (:=) NO3BONAET COXPAHUTb PE3Y/bTAT BblMUCNEHUA PENALUOHHOIO
BblpaeHuA B CyLlecTBytowem oTHoweHun bA.



Anrebpa A

Basucom npeanoxkeHHol Kpucom Lentom n Xbto JapseHom Anrebpbl A ABASOTCS onepauunm
PenALUMOHHOro OTPULAHMA (LOMNOAHEHUA), PENALMOHHON KOHBIOHKUUKN (MW OU3BIOHKLMM) U MPOEKLMM
(yoaneHua atpmbyta). PensumoHHble aHanorM J/IOTMYECKMX Orfepaunin onpeaenatoTcs B TepMMHax
OTHOLWEHUIA Ha OCHOBE ODObIYHbLIX TEOPETUKO-MHOMKECTBEHHbIX OMepauuit U MO3BOAAIOT BblpaXKaTb
HaNpAMYIO OMepauuM nNepecevyeHusa, [eKapToBa NPOM3BEAEHWA, eCTeCTBEHHOMO COeAMHEHMUS,
obbeaNHEeHMA OTHOWEHUM U T. 4. [NyTem KombnHMpoBaHMA 6a30BbIX ONepauuii BblpaxkatoTca onepaumm
nepeMmMmeHoOBaHNA aTpubyToB, coeaMHeHMA obLWero BMAa, B3ATUA PA3HOCTU OTHOLWeEHMI. Anrebpa A
NO3BO/IAET Ny4ylle OCO3HATb JIOTMYECKME OCHOBbI PENALMOHHON Moaenu, XxoTa, be3ycnoBHO, ABAAETCA B
MeHbLUEN CTENEHN OPUEHTUPOBAHHOM Ha NPAKTUYECKOE NPUMEHEHME, Yem anrebpa Koaaa

Bo Bcex ¢dopmanbHbIX creunduraumnax exists 06o3Ha4aeT KBAHMOP Cywecmeo8aHuUs; exists tr

=

O3Ha4aeT «CcyulecTByeT Takomn tr, yTo». CMMBOA «=» O3HayaeT MPUHAANEKHOCTb OAHOIN0 MHOXeCTBa

APYTOMYy; tr SBr 03HAUaeT, YTO 3NEMEHT tr NPUHAANEIKUT MHOXKECTBY Br. BbipaskeHue trEBr 03HavaeT, 4to
3/IEMEHT tr He NPUHAZNEKUT MHOXKecTBy Br. Onepauuu minus M union ABAAIOTCA TPAAULMOHHBIMU
TEOPETUKO-MHOKECTBEHHbIMM OMepaunaMmM B3ATUA PAa3HOCTU U 06beaMHEHMSA MHOMKECTB.

Onepauma penaunoHHOro A0NONAHEHUA.

MycTb s o6o3HayaeT pesyabtat onepauymm <NOT> r. Torga:
e Hs =Hr (3aronoBokK pe3ynbTaTa cOBNAaAAET C 3aro/IOBKOM OrnepaHaa);

e Bs={ts:existstr(tr £Brandts = tr) } (B Teno pesynbtata BXOAAT BCE KOPTENKM,
COOTBETCTBYHOLLME 3ar0/I0BKY U HE BXOAALLME B TE/IO OnepaHaa).
Onepauua <NOT> npon3BoANT AONONHEHWE S 334aHHOIO OTHOLIEHWA r. 3aroN0BKOM S ABNAETCA
3aronoBOK r. Teno s BKOYAET BCE KOPTEXKM, COOTBETCTBYHOLLME STOMY 3aro/I0BKY U HE BXOAALLME B TeNO
r.
Onepauusa yaanenus atpubyra.
e [lycTb s 0603HayaeT pe3ynbraT onepaunn r <KREMOVE> A. [1ns obecneyeHns BO3MOXKHOCTH
BbINOJIHEHUSA onepaLmn TpebyeTca, YTOObI CyL,EecTBOBaA HEKOTOPbLIV TUM (MAK gomeH) T Takoi,

yTo <A, T> =Hr (. e. B cOCTaB 3aro/I0BKa OTHOLLEHMA I AOIKEH BXOAUTb aTpubyT A). Torga: Hs =

Hr minus {<A, T>}, T. e. 3aron0BoOK pe3y/bTaTa NoJiy4aeTcs U3 3arosI0BKa onepaHaa U3baTMemM

aTpubyTa A;

e Bs={ts: exists tr exists v (tr =Br and v =T and <A,T,v> =tr and ts = tr minus {<A,T,v>})}, T.e. B

TENO pe3ynbTaTa BXOAAT BCE KOPTEXM ONepaHaa, U3 KOTOPbIX YAaNeHO 3Ha4YeHWe aTpnbyTa A.
Onepauma <REMOVE> npon3soauT oTHoLWweHuKe s, GopMmnpyemoe nyTem yaaneHus yKasaHHoro atpnbyta
A ¥3 3a@aHHOr0 OTHOLWeEHMA r. OnepaLma SKBUBANEHTHA B3ATUIO NPOEKLMU I Ha BCe aTpubyTbl, Kpome A.
3aro/sI0BOK S NONYYAETCA TEOPETUKO-MHOKECTBEHHbIM BblYMTAaHMEM U3 3aro/I0OBKa I MHOXeCTBa 13
ofHOro anemeHTa {<A, T>}. Teno s COCTOUT U3 TAKUX KOPTEXKEWN, KOTOPblE COOTBETCTBYIOT 3ar0/IOBKY S,
npUYem Kaxablil U3 HUX ABAAETCA NOAMHOMKECTBOM HEKOTOPOIrO KOPTEXKA TeNa OTHOLLEHMA I.
Onepauuna nepeMmeHOBaHUA.

MycTb s 0603HavaeT pesyabtat onepaumm r <KRENAME> (A, B). Ons obecneyeHnna BO3MOXKHOCTH
BbINONHEHMA onepauum TpebyeTca, YTobbl CyLLecTBOBaN HEKOTOPLIN TUN T, Takoi, uTo <A, T> =Hr, n

4TO6bI He cylecTBoBan Takow TMN T, uto <B, T> SHr. (pyrMu cnoBamu, B CXeMe OTHOLLIEHMA I A0NKEH
NPUCYTCTBOBaTb aTPUBYT A 1 He AOIKEH NPUCYTCTBOBATbL aTpubyT B.) Toraa:

e Hs = (Hr minus {<A, T>}) union {<B, T>}, T. e. B cxeme pe3ynbTaTa B 3ameHseT A,

e Bs={ts: exists tr exists v (tr =Brand v =T and <A, T, v> =tr and ts = (tr minus {<A, T, v>}) union
{<B, T, v>})}, T. e. B KOpTeKax Tena pesysbTaTa UMA 3Ha4YeHU aTpmbyTta A meHseTca Ha B.

OI'IepaLI,MFI <RENAME> npon3sogunT OTHOLWLEHKME S, KOTOPOE OT/INYAETCA OT 3a4aHHOIO0 OTHOLWEHUA r
TOJZIbKO UMEHEM OOHOrIO €ro anM6YTa, KOTOpPOE N3MeHAETCA C A Ha B. 3aronoBokK s Takoi e, KaK



3aro/10BOK r, 33 UCKAOYEeHMeM Toro, 4YTo napa <B, T> 3ameHseT napy <A, T>. Teno s BKAKOYaET BCe
KOPTEXM Tena r, HO B KaXKA0M U3 3TUX KopTexxen Tpunaet <B, T, v> 3ameHseT Tpunaet <A, T, v>.

Onepauua penaumMoHHON KOHBIOHKLUU

MycTb s 0603HauaeT pesynbrat onepaumm r KAND> r,. 1na o6ecneveHmna BO3MONKHOCTU BbINONHEHNA

onepaunn Tpebyetca, 4Tobbl ecnn <A, T1>EHr1 n<A, T2> EHrz, 1o T1=T2. (ApyrMmn cnoBammu, ecau B
ABYX OTHOLLEHUAX-0MNEepaHAax MMEeoTCA 0AHOMMEHHbIEe aTPpUbYTbl, TO OHW A0/XKHbI ObITb ONpeaeeHbl
Ha OZIHOM M TOM 3Ke Tune (aomeHe).) Toraa:

e Hs=Hr;union Hr,, T. e. 3aron0BoOK pe3ynbTaTta nosy4yaerca nytem ob6beaMHEHWUs 3aro/1I0BKOB
OTHOLWLEeHMN-onepaHao0B, Kak B onepauunax TIMES u JOIN 13 npeaplaywein nekumu;

e Bs={ts: exists try exists tr, ((tr;=Br; and tr, =Br,) and ts = tr; union tr,)}; 06paTuTe BHUMaHMe Ha
TO, UTO KOPTEX pe3y/ibTata onpeaenaeTca Kak o6beduHeHue Kopmexceli onepaHoos; No3ToMy:

O  eC/I1 CXeMbl OTHOLIEHMN-0NEepPaHA0B MMEKT HeMnycToe nepecevyeHne, To onepaums
<AND> paboTaeT Kak ecTecTBeHHOe coeauHeHUe;

o ec/nu nepecevyeHue cxem onepaHAoB nycTo, To <AND> paboTaeT Kak paclumpeHHoe
OEeKapToBO NpounsBeaeHuE;

O  eC/N CXeMbl OTHOLLEHWUI NONHOCTbIO COBMNaAaloT, TO pe3y/bTaToM onepauuu aBafeTca
nepeceyeHue AByX OTHOLWEHMWIA-ONEpPaHa0B.

Onepauma <AND> aBnsetca peniumoHHOM KOHBIOHKLMEN, B HEKOTOPbIX C/1y4anx BblaatoLlen B
pe3ynbTaTe OTHOLLEHME IS, paHee Ha3blBaBLUEecs eCTECTBEHHbIM COeAMHEHNEM ABYX 3a4aHHbIX
OTHOLIEHWI 'y U Iy. 3aT0N0BOK IS ABNAETCA 06beAMHEHUEM 3aTr0NI0BKOB 'y U I,. TeNO S BKAKYAET KaXKabli
KOPTEK, COOTBETCTBYIOLLMIA 3aro/I0BKY S U ABNAIOLWMIACA HAAMHOXECTBOM HEKOTOPOro KopTexa U3 Tena
1 U HEKOTOPOTO KopTeXa 13 Tena r,.

Onepauua penauMoHHON ANU3BIOHKLMN

|_|YCTb s obo3Hayvaet pe3ynbtaTt onepauunn ry <OR> r,. Ana obecneyeHUss BO3MOKHOCTU BbINOJIHEHUS

onepauunu TpebyeTcsa, 4Tobbl ecnm <A, T1>=Hry u <A, T2>=Hr,, T0 [OJIKHO 6bITb T1 = T2 (0AHOUMEHHbIE
aTpubyTbl AO/IKHbI ObITb ONpeaeeHbl Ha 04HOM 1 TOM e Tune). Toraa:

e Hs=Hry union Hr, (M3 cxembl pe3ysibTaTa yaanatoTcs aTpubyTbl-gy61MKaThl);

e Bs={ts:exists tr; exists tr, ((tr,=Br; or tr,=Br,) and ts = tr; union tr,)}; o4eBMAHO, YTO NpM
3TOM:

o ec/uy onepaHAoB HeT ob6LwmMx aTpMbyTOB, TO B TENO PE3Y/IbTUPYIOLLETO OTHOLIEHMUA
BXOAAT BCE TaKMe KOPTEXKM ts, KoTopble ABNAIOTCA 06beaANHEHNEM KOPTEKeM try u tr,,
COOTBETCTBYIOLLMX 3ar0/I0BKamM OTHOLLEHWUI-ONepaHa0B, U XOTA 6bl OAMH U3 3TUX
KOpTeXKel NpuHaaNeKuT Teny o4HOro U3 onepaHaos;

o ec/uy onepaHzoB MMeTCs 0bLune aTpMbyThbl, TO B TENO Pe3y/IbTUPYIOLLErO OTHOLIEHNS
BXO/ZAT BCE TaKMe KOPTeXMU ts, KoTopble ABNAIOTCA 06beAMHEHNEM KOPTEKEN try u tr,,
COOTBETCTBYIOLLMX 3ar0/I0BKamM OTHOLUEHU-OMNepaHA0B, eCn XOTA 6bl OANH U3 3TUX
KOpTeXKel NpuHaaNeKuT Teny o4HOro U3 onepaHaoB, U 3HaYeHUs obLLMX aTpmubyTos try
n tr, coenagatoT;

O  €C/I1 Xe CXeMbl OTHOLIEHWM-0ONepaHa0B COBMNaAatoT, TO Te/I0 OTHOLIEHUA-pe3ynbTaTa
ABnAeTca obbeagMHEHMEeM Tesl onepaHaos.

Onepauma <OR> ABnseTCA pensaumMoHHOM AM3bIOHKUMEN 1 0606LeHMemM TOro, YTo paHee Ha3blBasioCh
obbeamMHeHNeM. 3arosI0BoK S eCTb 06beANHEHME 3ar0/I0BKOB I U 1. TeN0 S COCTOUT U3 BCEX KOPTEXel,
COOTBETCTBYIOLLMX 3ar0/I0BKY S U ABNAIOLMXCA HAAMHOXECTBOM /1U60 HEKOTOPOTrO KOpTeXa 13 Tena ry,
U600 HEKOTOPOTO KopTeKa U3 Tena r,.



MonHota anre6pbi A.

Mokarkem, uto Anrebpa A ABNAETCA NONHOM, T. €. HA OCHOBE BBEAEHHbIX ONEPALMI BbIPAXKatOTCA BCE
onepauumn anrebpbl Kogaa, paccMoTpeHHOM B NpeablayLiei Aekumn. K HacTosawemy MOMEHTY B COCTaB
6a30Bbix onepaunit Anrebpol A Bxoaat onepauma <REMOVE> B KauecTBe aHanora onepauun PROJECT, a
TaKKe onepauma nepemmeHoBaHusa atpmbytos <RENAME>. UNION aBAseTca YacTHbIM CayYyaem
onepaumun <OR>, TIMES, INTERSECT n NATURAL JOIN — yacTHble cnyvam onepaunm <AND>. Ham
0CTanoCb NOKasaTb, YTO Yepes onepauuun Anrebpbl A BbiparKkaloTca onepauuun B3aTua pasHoctu MINUS,
orpaHnueHuna (WHERE), coeguHeHunsa o6uwero suga (JOIN) u penauumoHHoro genenus (DIVIDE BY).

BbiBOAMMOCTb OnepaLumn B3ATUA PAa3HOCTU-EC/IN OTHOLUEHWUS 1 U I, COBMECTUMbI MO 06beAMHEHWUIO, TO
ri MINUS r; = r; <AND> <NOT> r,.

MHTepnpertayma onepawyum orpaHudeHus

Mbl Onpeaenann onepaumio orpaHnyeHns r WHERE comp, rae r— OTHOLLEHWE, a comp — NPOCTOe yC/i0Bue
orpaHuyeHua snaa (a comp-op b), rae a i b — UMeHa aTpUBYTOB OrpaHMUYNBAEMOr0 OTHOLLEHUS, ANA
KOTOPbIX OCMbIC/IEHa onepaLma cpaBHeHUa comp-op, (Mb6o BuAa (a comp-op const), rae a — uma aTpubyTta
orpaHMYMBaeMOro OTHOLLIEHUSA, a const — IMTEPasIbHO 3aaHHasA KOHCTaHTa. Onepauuen cpaBHeHus

COMP-0p MOXKET BbiTb «=», KE», «>», «<», «=», « “». [IOKaXKeM Ha HECKONbKMX NPUMepaXx, Kak MOXHO
BbIPa3UTb OMNepPaLLMI0 OrpaHUYEHNA C MOMOLLbIO 6a30BbIx onepauuii Anrebpbl A 418 Bcex NpocTbIX
A0MNYCTUMbIX YCNOBUIA.

CNYALLUME_1 WHERE C/1Y_HOMEP = PYK_HOM. [Monyyaem:

CNYMKALLME_1 <AND> ((((CNYSKALLME_1 <REMOVE> C/TY._ HOMEP) <REMOVE>
CNY_MMS) <REMOVE> C/1Y_3APM) <RENAME> (PYK_HOM, C/IY_HOMEP))

CoeauHeHua obLiero Buaa

Mpu Hannumm Toro dakTa, YTO onepauma B3ATMA paclUMPEHHOro AeKapToBa npousseaeHus TIMES
ABNAETCA YAaCTHbIM cydyaem onepaunn <AND>, nocne Toro Kak Mbl Hay4MamMcb ¢ nomoLlbio Anrebpbl A
BbINONHATL OFPAHUYEHUSA, CTAHOBUTCA OYEBMAHO, YTO Yepes onepaunn Anrebpbl A BblpaKatoTca 1
coeanHeHua obuero Buaa. B obwem cnyyae, 4Tobbl NONYYUTL pPe3ynbTaT coeguHeHna obuiero Buaa
NPOW3BO/IbHbIX OTHOLEHWI A U B, HYXKHO:
e  BbINONHUTb HAA OAHWUM U3 OTHOLUIEHWUI OAHY UM HECKONbKO onepaunii <KRENAME>, ytobbl
N36aBUTbCS OT O6LLNX MMEH aTPUBYTOB;
e  BbINOJHUTb Haf NOJlYyYEHHbIMM OTHOWEHUAMM onepaunto <AND>, npomssoasaLLyto
pacwmpeHHoe AeKapToBO NPou3BeaeHueE;
* 1 ANA NOJSIYy4YEeHHOro OTHOLEHMA BbINOJAHUTb OA4HY AN HECKOIbKO onepauuii <AND> ¢
OTHOLEHUAMMU-KOHCTAHTaMM, YTODObI JOKHBIM 06Pa3oOM OrpaHUYUTDL ero.

PenaunoHHoe geneHue

MycTb metoTca oTHoweHua ry{A, B} n r,{B}. YTBep:Kaaetcs, uto pesynbTart r; DIVIDE BY r, coBnagaet ¢
pe3ynbTaTom BbipaxkeHus (r; PROJECT A) MINUS (((r, TIMES (r, PROJECT A)) MINUS r;) PROJECT A) B
TePMUHaX onepaumin pensumoHHomn anrebpol Kogga nam (r; <KREMOVE> B) <AND> <NOT> (((r, <AND> (r,
<REMOVE> B)) <AND> <NOT> r;) <REMOVE> B) B TepMmunHax onepaumit Anrebpsbi A.

JencTBUTeNbHO, pe3ybTaToM BbliNoIHEHUA onepaumn r, PROJECT A aBasieTca yHapHOe OTHOLIEHUeE co
cxemont {A}, KopTerKM Tena KOTOPOro CoAepKaT BCe 3HayeHunA aTpmubyTa A 13 Tesa OTHOLIEHUA I;.
PesynbTat BblparkeHusa r, TIMES (r; PROJECT A) — 310 6MHapHOe oTHoWweHKe co cxemoli {A, B}, B Teno
KOTOPOro BXOAAT BCE BO3MOXHble KOMOUHALMM 3HaYeHUI aTpnbyTa B B Tenie OTHOWEHUA 1, U aTpmbyTa
A B Tene oTHoOLWeEHMA r;. B Tene pesynbraTta BbluncAeHMA BbipaxKeHus (r, TIMES (r; PROJECT A)) MINUS ry
OCTaHYTCS TO/IbKO T€ KOPTEMXKM, KOTOPble He BXOAAT BO BTOPOM onepaHA, T. €. KOPTEXKM C TaKUM



3HayeHunem aTpubyTa A, UTO 3HauYeHMe aTpubyTa B, NpuHaanexKallee Teny r,, He ABNAETCA 3HAaYEHNEM
aTpubyTa B HM B O4HOM KOpTeKE Tena oTHOLWeEHUs ry. CneaoBaTesibHO, €C/IM Mbl BO3bMEM NPOEKLMIO
pesynbTaTta BblipaxeHus (r, TIMES (r; PROJECT A)) MINUS r; Ha aTpubyT A, To B pe3y/ibTUPYIOLLEM
YHapHOM OTHOLLEHWW OCTAHYTCA TO/IbKO Te 3Ha4YeHuA A, KOTOpble HEe AOXKHbI NONacTb B pe3y/ibTaTt
onepauuu r, DIVIDE BY r,. NMocne BbinonHeHMA 3aBepLuatowent onepaumnmn MINUS mbl nonyumm
Kenaembl pesynbrart.

M36bITOUHOCTb anrebpbl A

B dopmasnbHON MmaTemaTUUeCcKOM NoruKe CTaHAapTHbIM 6a3MCOM /1A BbIPaKeHMA BCEX BO3MOMHbIX
bynescknx ¢yHKumui asnsetca Habop {NOT, AND, OR} (oTpuuaHue, AM3BIOHKUMA U KOHBIOHKLMA).

MN3BecTHO, YTO 3TOT HAabop TpaAMLUMOHEH, HO M3bbITOYEH, MOCKOAbKY BepHbI ToxaectBa A AND B =NOT

(NOT A OR NOT B) n A OR B =NOT (NOT A AND NOT B). Oka3sbiBaeTcsi, YTO aHaN0OrMUYHble TOXKAECTBa
cnpasegnmebl gnsa onepaumii <NOT>, <AND> n <OR> Anrebpbl A. Tem cambim, B Habope 6a30BbIX
onepaunit Anrebpbl A MOXKHO oCTaBuTb onepaumm <AND> n <NOT> (nnm <OR> n <NOT>).

Bonee Toro, B anrebpe OrMKM CyLLECTBYIOT A,BE ONepaLMm, Yepes Kaxayto U3 KOTOPbIX BbipakakoTca BCe
Tpu «6a3oBble» onepauunm: «wrtpux Wedpdepa» —sh (A, B) =NOT A OR NOT B — u «crpenka Mupca» — pi

(A, B) =NOT A AND NOT B.
Jlerko BnaeThb, YTo

e sh (A, A) =NOTA;

e sh(NOTA,NOTB)=AORBwu

e NOTsh (A, B) =A AND B.
AHanNorm4Ho,

e pi(A A) =NOTA;

e pi(NOTA, NOTB) =AANDBw#

e NOT pi (A, B) =A OR B.

AHanornyHble TOXAECTBa CNpaBeA/IMBbI 41A PENALNOHHbIX BapuaHToB WwTpuxa LWeddepa (<sh> (rl, r2)

=<NOT> r1 <OR> <NOT> r2) u ctpenku Mupca (<pi> (rl, r2) =<NOT> rl <AND> <NOT> r2). Moatomy
MOXHO cBecTu Habop onepaunit Anrebpbl A K Tpem onepauuam: <sh> (unum <pi>), <KRENAME> u
<REMOVE>.

M36bITOYHOCTb ONepauum nepeMmeHoBaHUA.

HakoHeu, nokaxem, 4to n3bbiTouHa 1 onepauna <RENAME>. Hy Tam Hago Tyno go6asuTb K Tabaunue
elle oauH ctonbeu, Konuio ctonbua, KOTopblin cobupaemca NepenmeHoBbIBATb, HO Y¥Ke C HOBbIM
nmeHem. A notom REMOVE ctonbel, co cTapbiM HazBaHUEM.

Tem camblM, MOXKHO COKpPaTUTb Habop onepaunin Anrebpol A g0 ABYX onepaumit: <sh> (nau <pi>) n
<REMOVE> 1 onepauum npncBamBaHnA NnepemeHHON OTHOLLEHMUS.



PensunoHHOE UcUnCeHne KopTexKei

PensumMoHHOE McCUMCNeHME ABAAETCA NPUKNALHOW BeTBbO (GOPMANIBHOFO MEXAaHU3MA WMCYUCIEHUSA
npeanvKaToB MepBOro Nopsaka. B oCHOBE MCYMCAEHMA NEXUT MOHATUE NepemMeHHON C onpeaesieHHoM
AnA  Hee 006nacTbio  AONYCTUMbIX 3HAYeHWIA W MNOHATME MNpPaBWUAbHO MOCTPOEHHOW ¢dopmybl,
onupatowenca Ha NnepeMeHHble, NPeanKaTbl U KBAHTOPbI.

B uncumncnenHmnn KOpTe)KEﬁ obnactamm onpeageneHNAa nepemeHHbIX ABNAKTCA TeNa OTHOLIEHWNIA 6asbl
AaHHbIX, T. €. A0ONYCTUMbIM 3Ha4YeHUNEM Ka)K,CI,OlZ nepemeHHoﬁ ABNIAETCA KOPTEeX Te/la HEKOTOPOoro
OTHOLWEeHUA.

Ona onpeneneHna KOPTEXKHOM NepemeHHOM ncnonblyetca onepatop RANGE. Hanpumep, ana toro
4To6bI ONpeaenuTb nepemeHHyto CNYKALLUI, obnacTblo onpeaeneHma KOTOPO ABNAETCA OTHOLIEeHWe
CNYXALLUE, HyKHO ynoTpebuTb KOHCTPYKLMIO

RANGE C/TYXKALLMW IS CTYXKALLME

Kak y»Ke roBopmioch, U3 3TOr0 onpeaeneHuns cieayeT, UTo B 11060 MOMEHT BpEMEHM NepemeHHasn
CNYALLUMW npeactaBnaeT HEKOTOPbIN KopTex oTHowweHua CTYKALLME. Mpu ncnonbaosaHum
KOPTEXKHbIX NepemeHHbIX B GOpMYIax MOXKHO CCbl1IaTbCA HA 3HaYeHMe aTpubyTa nepemeHHoM (3To
aHA/NIONMYHO TOMY, KaK, Hanpumep, Npu NporpammmpoBaHmn Ha A3bike C MOXKHO COCIATbCA HA 3HaYeHue
NosiA CTPYKTYPHOM nepemeHHOM). Hanpumep, gas Toro, 4Tobbl cocnaTbeA Ha 3HaYeHMe aTpubyTa
CNIY_MMA nepemeHHoi CTYXKALLMK, HyxHO ynoTpebuts KoHcTpykumio CTIYXKALLMW.CTY _MMA.

MpasunbHo noctpoeHHana popmyna (Well-Formed Formula, WFF) cnyuTt gaa BbiparkeHUs yCcaoBUiA,
HaKNafblBaeMbIX HA KOPTEKHbIE MepeMeHHbIe.

Cnocob peanunsaumuu, KOTopbI NPUBOLMUT K NONYYEHMIO 061aCTU UICTUHHOCTU PAacCMOTPEHHOM GopMYybl,
B AECTBUTE/IbHOCTU AIBNAETCA Hanbonee obLMM (M 3a4acTyto HEONTMMA/IbHbIM) cnOCo6oMm
BbINOJIHEHUSA onepaumii coeanHeHus (OH Ha3biBaeTCA MemodoMm 87103 EeHHbIX YUKA08 — nested loops
join). ( nBa BNOMKEHHbIX LMKAA, MO NEPBOMY MEPEMEHHOW M MO BTOPOW, MPUMEHAETCA B Cay4Yae
dbopmynbl TMNA Nepeml.uTo-To=nepem2.KTo-To )

Mpw noctpoeHnn WFF gonyckaeTcs UCNo/ib30BaHWE KBAHTOPOB cywectBoBaHuA (EXISTS) n
Bceob6wHoctn (FORALL). Ecnm form — 310 WFF, B KOTOPOW y4acTBYeT NepemMeHHasn var, TO KOHCTPYKLMU
EXISTS var (form) n FORALL var (form) npeacrasnstot coboit WFF. Mo onpeaenenuto, dopmyna EXISTS
var (form) npuHMMaeT 3HauYeHue true B TOM 1 TONIbKO B TOM C/ly4ae, eciv B 061acTu onpegeneHus
nepemeHHoOM var Hangertcsa XoTa 6bl 04HO 3HaYeHUue (KopTexK), ana kotoporo WFF form npuHumaet
3HavyeHue true. dopmyna FORALL var (form) npuHMmaeT 3HayeHue true, ecau Ans Bcex 3HaYeHUM
nepemeHHo var n3 ee obnactm onpegeneHns WFF form npnHumaet 3HayeHue true.

MepemeHHble, Bxogawme 8 WFF, moryT 6biTb cBOBOAHBIMM MK CBA3aHHbIMK. [0 onpeaeneHuto, Bce
nepemeHHble, Bxogawme 8 WFF, npu nocTpoeHnn KoTopon He MCNOb30BaAIMCb KBAHTOPbI, ABNAIOTCA
c80600HbIMU. DaKTUYECKM, 3TO 03HAYAET, YTO ECIN ANA KAaKOro-To Habopa 3HauYeHu cBoHOAHbIX
KOpTEXHbIX NnepemMeHHbIX Npu BbluncneHnn WFF nonyyeHo 3HaueHume true, TO 3TU 3HaYEHUA KOPTEXKHbIX
nepemeHHbIX MOTyT BXOAMUTb B pe3yNbTUpytoLLee OTHOWEHME. Ecan ke MA nepeMeHHON NCNo/1b30BaHO
cpasy nocne KBaHTopa npu noctpoeHnn WFF Buaa EXISTS var (form) nnmn FORALL var (form), To B 31Ol
WFF 1 Bo Bcex WFF, NOCTPOEHHbIX C ee y4acTUeM, var SiBAAETCA c8A3aHHOU nepemeHHol. ITo 03Ha4aeT,
YTO TaKaA NepemMeHHasa He BMAHa 3a npegenamm mmHnmanoHo WFF, cBasaslien aTy nepemeHHyto. Mpu
BbIYMCNEHMM 3HAUYEHNA Tako WFF ncnonb3yetca He 04HO 3HAYeHUe CBA3aHHOW NepeMeHHOM, a BcA
obnactb ee onpegeneHus.



Utak, WFF obecneunBatoT cpeactsa GopmyIMPOBKM YCI0BMA BbIOOPKM M3 OTHOLWEHKUI B/, YTobbI
MOHO 6bI10 UCMO/Ib30BATL UCUUC/IEHNE ANA peanbHoM paboTel ¢ B/, TpebyeTca ewe oANH KOMMOHEHT,
KOTOpbI onpeaenser Habop 1 MMeHa aTPUOYTOB PE3YIbTUPYHOLLETO OTHOLWEHMA. ITOT KOMNOHEHT
Ha3blBaeTCs YesaesbiM CrIUCKOM (target list).

L|,el'IEBOI7I CMUCOK CTPOUTCA U3 LLeNeBbIX 3/IEMEHTOB, Ka)K,D,bIﬁ M3 KOTOPbIX MOXET UMETb CJ'IE,D,YIOIJJ,VIﬁ BUAa:

e var.attr, rae var — uma ceobogHoM nepemeHHoM cooTBeTcTBytowen WFF, a attr — uma aTpunbyTa
OTHOLLEHMWA, HAa KOTOPOM OnpeaeneHa NepemeHHas var;

e Vvar, YTO 3KBMBA/IEHTHO HA/IMYMIO MOACMMCKA var.attry, var.attr,, ..., var.attr,, rae {attry, attry, ...,
attr,} BK/touaeT umeHa Bcex aTpMbyTOB ONpPeaenatoLWero OTHOWEHUS;

e new_name = var.attr; new_name — HOBOe MMA COOTBETCTBYHOLLETO aTPUOYTa Pe3yIbTUPYIOLLErO
OTHOLLEHWA.

MocnegHuii BapuaHT TpebyeTca B Tex ciyyasnx, koraa 8 WFF ncnosiib3yeTtca HECKONbKO CBOBOAHbIX
nepemeHHbIX C 0ANHAKOBOW 061acTbio onpeaeneHns. PakTUYECKn NPUMEHEeHUEe LLeIeBOro CrmncKa K
ob6nactn uctuHHocTn WFF aKBMBaNeHTHO AeicTeuio anrebpanyeckoi onepawumm NpoeKkLmm, a
nocaeaHuit U3 NnpuBeseHHbIX BapMaHTOB NPeACTaBAseT coboi HEKOTOPYHO PasHOBMAHOCTb
anrebpanyeckol onepauny nepenmeHoBaHMA aTpmbyTa.

BoipaxceHuUem peasyUuoHHO20 UcYucaeHus Kopmexcell Ha3blBaeTca KOHCTPYKLUMA Buaa target list WHERE
WFF. 3HaueHnem BbiparkeHUA ABAAETCA OTHOLWeHUe, Teno KoToporo onpeaenaetrca WFF, a MHOXKecTBO
aTpMbyToB M UX MMEHA — L,eIEBbIM CMIUCKOM.

PenaumMoHHOe ncuncneHne AOMeHOB.

B ncuncneHnmn gomeHos obnacTblo onpeaeneHnAa nepemeHHbIX ABNAKOTCA HE OTHOLWEHWA, a AOMEHbI.

OCHOBHbIM d)OpMaJ'IbeIM OTIMYNEM UCHUCNEHNA OOMEHOB OT NCHUCNEHUNA KOpTe)KEIZ ABNAETCA Han4yue
AONO/THUTENIbHOIO MHOXeCTBa MNpPeaunKaToB, MNO3BONAKOWUX BbiPaXaTb TaK Ha3blBaeMble ycCs108UA
yneHcmea. Ecam R — 3To n-apHoe OoTHoWweHue C anM6YTaMM a,, ap, ..., d,, TO yCcnoBue 4yneHCTtea MMeeT

BUA R (ai1 @ Vi, Gia t Vi, -y Qi & Vim) (M =n), e v — 3T0 AMBO NUTEpanbHO 3aaBaemasn KOHCTaHTa, Mbo
MMA AOMEHHON nepemMeHHoN. YcnoBsue 4YneHCTBa NPUHUMAaET 3HadeHue true B TOM M TONbKO B TOM
cnyyae, eciM B OTHOWEHUU R CyLLECTBYET KOPTEX, CoAep’Kallui yKasaHHble 3HayYeHUA YKasaHHbIX
aTpubyToB. EC/IM vj; — KOHCTaHTa, TO Ha aTpMbYT a; HaKNaAbIBAeTCA KeCcTKoe yC/0BMe, He 3aBucALliee oT
TEKYLUMX 3HAYEHUI1 JOMEHHbIX NepPeMEeHHbIX; eCU e V; — UMA JOMEHHON NepeMeHHOW, To ycnosue
Y/IEHCTBA MOXKET NPUHUMATb pa3Hble 3HaYeHUA MPU Pa3HbIX 3HAUYEHUAX 3TON NepemeHHON.



®DyYHKLMOHANbHbIE 3aBUCMMOCTH, 3aMblKaHME MHOXeCTBa PYHKLMOHANbHBIX 3aBUCUMOCTEN,
aKcMoMbl APMCTPOHTa, 3aMblKaHUe MHOXKecTBa aTpubyToB. MMHMMaNIbHOE NOKPbITUE MHOXKECTBa
$YHKUMOHaNbHBIX 3aBUCMMOCTEN

MycTb 3agaHa nepemeHHan oTHolWeHUA R, M X 1 Y ABAAIOTCA NPOM3BO/IbHBIMM NMOAMHOMKECTBaMM
3arosioBKa R («cocTtaBHbIMM» aTpnbytamu). B 3HaYeHUN nepemeHHON oTHOLWeHUA R ampubym Y
hyHKUUOHAAbHO 3as8ucum om ampubyma X B TOM U TO/IbKO B TOM C/ly4ae, eCn KaxKaoMy 3HaYeHuo X
COOTBETCTBYET B TOYHOCTU OAHO 3HaYeHue Y. B 3Tom c/lyyae roBopAT TaKKe, Uto aTpmbyT X
GYHKYUOHAAbHO onpedensaem atpubyt Y (X sBnsetca aerepmuHaHTom (onpedeaumenem) pnaY,aY

ABnseTcA 3aBUcMMbIM OT X). Bygem 0603HauaTtb 3To Kak R X—R.Y.

UTaK, mbl byaem nmeTb geno ¢ FD, KOTopble BbIMOAHAKTCA ANA BCEX BO3MOMHbIX COCTOAHWUI Tena
COOTBETCTBYIOLLErO OTHOLIEHUA M MOryT pPaACcCMaTPUBATLCA KaK OrpaHUYeHua LeNOoCTHOCTU. TaKmx
33aBUCMMOCTEN MOXKET BbITb 04eHb MHOTO. [OCKONbKY OHM TPAKTYHOTCA KaK OrpaHUYeHUA LLeNOCTHOCTH,
3a ux cobnwogeHnem pomkHa cneamtb CYB/. MosaTomy Ba*KHO YMeTb COKpaTuTb Habop FD ao
MWUHUMYMA, NOAAEPHKKA KOTOPOTO rapaHTUPYET BbINONHEHNE BCEX 3aBUCUMOCTEN.

FD A—:B HasbiBaeTcA mpusudnbHoli, ecnv A=B (T. e. MHO}KecTBO aTpnbyTOB A BK/IlOYAET MHOXKeCTBO B
WA COBNAAAET C MHOXecTBOM B). OueBngHoO, Yto ntobasn TpusmanbHas FD Bceraa BbinoaHAETCA.

YacTHbIM cnyyaem TpuBmnanbHoi FD aBnseTca A—A. NocKoNbKy TpuBManbHblie FD BbINoHAOTCA
BCErAa, UX HeNb3sa TPAKTOBATb Kak OrpaHUYeHus LeNOCTHOCTH, U NO3TOMY OHW He NPeACTaBAAloT
MHTEepeca C NPaKTUYECKOoW TOUKM 3peHnsa. OLHAKO B TEOPETUYECKMX PACCYKAEHUAX UX HanUuUne
HeobXo0ANMO YYUTbIBATD.

3ameikaHuem MHoxcecmea FD S ssnaeTca mHoxectBo FD S*, Bratouatowee sce FD, normyecku
BbiBOAMMbIE U3 FD MmHOKecTBa S.

FD A—C HasblBaeTcA mMpPAaH3UMUEHOU, ecnu CcywecTByeT TaKoW aTpubyt B, 4Tto uMmetoTcA

dYHKLUMOHanbHble 3aBucMmocTn A—B n B—C n oTcyTcTBYyeT dyHKUMOHANAbHAA 3aBUCUMOCTb C—A.
AKcMomamu ApMCTPOHTra:

Moaxon K pelweHnto Nnpobaembl NOMCKa 3aMbikaHMAa S° mHoxecTBa FD S Bnepsbie npeanoxun Buabam
ApmcTpoHr. Im 6bin npeanoxkeH Habop npasun BbiBoAa HOBbIX FD M3 cywectsytowmx (3T npasuna
06bIYHO HA3bIBAOT aKCMOMamM APMCTPOHra, XOTA CNPaBeaIMBOCTb NPaBWUA AOKA3bIBA€TCA HAa OCHOBE
onpegenenus FD). Obbl4HO NpUHATO popMyanpoBaTL 3TU NpaBuKaa BbiBOAA B cneaytouein popme. MNyctb
A, B n C asnatotca (B obwem cnyyae, cocTaBHbIMM) aTpubyTtamm oTHoweHua R. MHoxectBa A, B n C
MOTYT UMeTb HenycToe nepeceyeHume. [Ana kpatkoctn byaem ob6o3HavaTb Yepe3 AB A UNION B. Toraa:

1. ecauB =A,To A—B (pednekcmBHOCT);
2. ecam A—B, 10 AC—BC (nononHeHue);
3. ecimA—B un B—C, T0 A—C (TpaH3UTUBHOCTb).

McTUHHOCTb NepBoii aKCMOMbI ApMCTPOHTra cneayeT 13 Toro, 4to npu B=A FD A—B aBnseTca
TPUBMANbHOMN.



CnpaBeg/MBOCTb BTOPOI aKCMOMbI OKaXKeM OT NPoTMBHOro. Mpeanonoxum, yto FD AC—BC He
cobnoaaeTca. ITo 03HAYaAET, YTO B HEKOTOPOM AOMNYCTUMOM Te/le OTHOLWIEHMA HAaMAYyTCA ABa KopTexa t;

u t,, Takune, uto t; {AC} = t, {AC} (a), Ho t; {BC} #t, {BC} (b) (3aecb t {A} 0603HauaeT NpoeKLMIo KopTexa t
Ha MHOXecTBO aTpubyToB A). Mo akcMome pedneKCUBHOCTU U3 paBeHCTBA (a) cneayer, uTo t; {A} = t, {A}.

Mockonbky nmeetca FD A—+B, nomkHo cobntogatbes paseHcTBo t; {B} = t, {B}. Toraa us HepaseHcTBa (b)
cnepyert, yto t; {C} #t, {C}, uTo NnpoTMBOPeUnUT Hannumio TpusmanbHol FD AC—C. ChefoBaTenbHO,

npegnonoxeHune 06 otcytcteun FD AC—BC He aBAAeTCs BEPHbIM, M CNpPaBeAJ/IMBOCTb BTOPOIA aKCMOMDI
AOKa3saHa.

AHANOMMYHO A0KaXKemM UCTUHHOCTb TpeTbel aKcMombl ApmcTpoHra. Mpegnonoxkum, yto FD A—C He
cobntogaerca. ITo 0O3HAYAET, YTO B HEKOTOPOM A0MNYCTUMOM Tesie OTHOLIEHMA HAWAYTCA ABa KOopTerKa t;

U t,, Takue, uto t; {A} = t, {A}, Ho t; {C} #t, {C}. Ho n3 Hannuma FD A—B cnepyet, uto t; {B} = t, {B}, a
notomy u3 Hanuuma FD B—C cneayer, uto t, {C} = t, {C}. ChepgoBaTensHo, npeanonoxeHne ob

otcytcTBuM FD A—C He ABNAETCA BEPHbIM, M CNPaBeAAMBOCTb TpeTbel akcMOMbI A0Ka3aHa.

MoOKHO A0Ka3aTb, YTO CUCTEMA NPaBWUA BbIBOAA APMCTPOHTa MosHA U cosepuwieHHa (sound and
complete) B Tom cmbIc/ie, YTO ANA AaHHOrO MHoxKecTBa FD S ntobas FD, noTeHuManbHO BbIBOAUMAA M3 S,
MOKeT ObITb BbiBeAEeHa Ha OCHOBE aKCMOM APMCTPOHTa, U MPUMEHEHNE STUX aKCMOM HE MOXKET
NPWBECTU K BbiBOAY AunLHEN FD. Tem He meHee [eNnT no NpakTUYEeCKMM coobparkeHUAM Npeaioxun
pacwmputb 6a30BbI HAOOP NpaBMA BbIBOAA €LUe NATbIO NpaBUaaMu:

A—A (camofeTepMMHUPOBAHHOCTbL) — NPAMO caeayeT us npasuna (1);
ecnn A—BC, To A—B 1 A—C (nekomnosuuma) — ns3 npasuna (1) cneayet, uto BC—B; no
npasuny (3) A—B; aHanornyHo, ns BC—C n npasuna (3) cnegyer A—C;

6. ecnrm A—Bun A—C, To A—BC (06beanHeHune) — n3 npasuna (2) cneayet, uto A—AB n AB—
BC; u3 npaswuna (3) cneayert, uto A—BC;

7. ecnimn A—Bu C—D, To AC—BD (komnosunuus) — u3 npasuna (2) cneayert, yto AC—BCun BC—
BD; u3 npasuna (3) cneayet, uto AC—BD;

8. ecnam A—BCwu B—D, To A—BCD (HakonneHue) — n3 npasuna (2) cnegyet, uto BC—BCD; us

npasuna (3) chegyet, uto A—BCD.

MycTb 3agaHbl OTHOWeEHME R, MHOXeCTBO Z aTpMbyTOB 3TOro OTHOLEHMA (NOAMHOXECTBO 3arosoBKa R,
WK coCcTaBHOM aTpubyT R) n HeKoTopoe MHOXecTBo FD S, BbinonHsembix gns R. Torga 3ameikaHuem Z

Had S Ha3biBaeTcA Hanbonblee MHOXECTBO Z' Takux aTpubyTos Y oTHowWweHuA R, uto FD Z—Y BX0AMT B
s+
Anroputm Bbluncnenua Z*

K = 0; Z[0] := &

0o
K := E+1;
Z[K] == Z[K-1];:
FOR ERCH FD A—B IN 5 D0
IF A=Z[K] THEN EZ[E] := (E[K] THICH B) END» [

HTIL Z[K] = Z[E-17;

Y ez TFIE] -
F LK)




[ oKa)Kem KOPPEeKTHOCTb aNropuTMa No MHAYKUMUK. Ha Hynesom ware Z[0] = Z, FD Z—Z[l], oueBnAgHo,
npuHagnexut S (tpusmanbHasa FD «BbiBOANTCA» U3 Nto6oro mHoxectsa FD). MycTb ana HekoToporo K

BbinosHaeTca FD Z—Z[K], u nycTb mbl Hawnu B S Takyto FD A—B, yto A=Z[K]. Toraa mo»Ho
npeactasuTb Z[K] B BUuAe AC, n, cnegosatensHo, BbinonHsaetca FD Z—+AC. Ho no npasuay (8) mbl umeem

FD Z—ACB, T.e. FD Z—(Z[K] UNION B) BXOAMT BO MHOECTBO S’, UTO NepeBoAMT Hac Ha Creayroumi
Wwar UHAYKUMK.
MycTb ANa npumMmepa nmeeTcs oTHoLeHue ¢ 3aronoskom {A, B, C, D, E, F} n 3agaHHbIM

MHoXecTBom FD S = {A—D, AB—E, BF—E, CD—F, E—C}. MycTb TpebyeTtca HaitTn {AE}" Hag S. Ha
nepsom npoxoge Tena unkna DO Z[1] paBHo AE. B Tene umkna FOR EACH 6yayT HanaeHbl FD A—D u E
—C, 1 B KOoHUe umkna Z[1] ctaHeT pasHbim ACDE. Ha BTopom npoxoae Tena unkna DO npu Z[2], paBHOM

ACDE, B Tene umkna FOR EACH 6yaet HaligeHa FD CD—F, 1 B KoHuUe unkna Z[2] ctaHeT paBHbim ACDEF.
Cneaytowmii npoxoa tena umkna DO He uamenut Z[3], n Z* ({AE}) 6yaet pasHo ACDEF.
ANropuTM NOCTPOEHMA 3aMblKaHMA MHOeCTBa aTpUbyTOB Z Had 3a4aHHbIM MHOXKecTBoM FD S

NOMOraeT JIerko YCTaHOBUTb, BXOAUT v 3afaHHas FD Z—B B 3ambikaHue S*. OueBnaHO, 4TO

HEOBXOAMMbIM M AOCTAaTOYHbIM YCI0OBUEM AJ1A 3TOro aBnsetca B'=Z', T. e. BXOXAeHWe COCTaBHOro
aTpubyTa B B 3amMblKaHue Z.

CynepKar4yom omHouweHus R Ha3biBaeTcs ntoboe nogmHoxKecTBo K 3arosioBka R, BKAtoYatoLee, No
MeHbLUel mepe, XoTA bbl 0ANH BO3MOMKHbIN Katou R.

OAaHOo U3 cneacTBMiA 3TOro onpesieIeHUss COCTOMT B TOM, YTO NoAMHOXecTBo K 3aronoBKa
OTHOLLIEHMA R ABASIETCA CYMEepPKIOYOM Toraa U TO/IbKO TOrAa, Koraa ana noboro atpmubyTta A (BO3MOXKHO,

COCTaBHOr0) 3aroN0BKa OTHOLWEHUA R BbinoaHAeTcAa FD K—+A. B TepmMHax 3aMblKaHMA MHOeCTBa
aTpmbyToB K ABNAETCA CynepKAoYOM TOraa M TONbKO Toraa, koraa K' coBnagaert ¢ 3arosioBkom R.

MHoecTtBo FD S2 HasbliBaeTca nokpoimuem mHoxcecmea FD S1, ecnuw nobasa FD, BbiBogmMman ms S1,
BbIBOAMTCA TaK*Ke n3 S2.

Jlerko 3ameTuTb, YTO S2 ABNAETCA NOKPbLITUEM S1 TOraa 1 TONbKO Toraa, Koraa S17=S2". [1sa MHOXecTBa
FD S1 1 S2 Ha3bIBAOTCA IKBUBAAEHMHbIMU, ECNN KaXKA0€e U3 HUX ABNAGTCA NOKpbITUeM apyroro, T. e. S1°
=S2",

MHoxcecmeo FD S Ha3bieaemca MUHUMAAbHBIM B TOM U TO/IbKO B TOM C/lyvae, Koraa yaoB/eTBopsieT
cneaylowmm CBOMCTBaAM:

1. npaBas yacTb Ntoboi FD 13 S ABAAETCS MHOXKECTBOM U3 OAHOro aTpMbyTa (NpocTbiM aTpubyToMm);

2. [OeTepMMHaHT Kaxkaown FD us S ob6n1agaet cBOMCTBOM MUHUMA/IbHOCMU; 3TO O3HAYaeT, YTo
yAaneHue noboro atpnbyTta U3 AeTepMUHAHTa NPUBOANT K U3MEHEHMIO 3aMbliKaHua S', T. e.
MOPOXKAEHUIO MHOKeCTBa FD, He skBuUBaneHTHoro $°2%;

3. ypanenue noboi FD n3 S npnsoauT K n3meHeHuo S*, T. e. NopoxaeHnto MHoxecTsa FD, He
3KBMBANEHTHOrO S.

Ons ntoboro mHoskecTea FD S cyliecTsyeT (1 Aaxe MOXKeT bbiTb NOCTPOEHO) SKBMBANIEHTHOE eMy
MUHMMANIbHOE MHOXeCcTBO S'.

MpueBeaem obLyyto cxemy NocTpoeHua S’ No 3agaHHoMy MHoKecTBy FD S. Bo-nepBbix, MCM0/b3yA
npasuno (5) (aekomnosmumm), Mbl MOXKEM NPUBECTU MHOMXKECTBO S K SKBUBANIEHTHOMY MHOXecTBy FD
S1, npasble YacTn FD KOTOPOro cogeprKaTt TONbKO OAHO3/1IEMEHTHbIE MHOXKeCTBa (MpocTble aTpnbyThbI).
Oanee, ana kaxgon FD n3 S1, aetepmuHaHt D {D4, D5, ..., D,} KoTOpoOIt coaepuT 6onee oaHOro
aTpubyTa, byaem nbitTaTbcs yaansaTb aTpubyThl D;, nonyyas mHoxKecTBo FD S2. Eciv nocne yaaneHus
aTtpubyTa D; S2 akBMBaNeHTHO S1, TO 3TOT aTpMUOYT yaansaeTcs, U npobyeTtca cneayrowmin aTpnuoyT.
Hazosem S3 mHoKecTBO FD, nonyyeHHOe nyTem AONYCTUMOrO yaaneHus aTpubyTos 13 BCex



aetepmunHanToB FD mHoxkecTBa S1. HakoHeu, ana kaxxgoun FD f us mHoxectsa S3 byaem nposepaTb
3KBMBAJIEHTHOCTb MHOXecTB S3 1 S3 MINUS {f}. Ecamn 3T MHOXKecTBa 3KBMBaNEHTHbI, yaanum f us
MHOXeCTBa S3, 1 B 3aKNHO4YEHUE NOJTYYNMM MHOXKECTBO S4, KOTOPOE MUHUMAIbHO U SKBUBAJIEHTHO
ncxogHomy mHoxkectsy FD S.

MNpumep (ocTaBun paan NOHMMaHMA YTO NPOUCXOAMNT) :

MycTb, Hanpumep, MmeeTca oTHoweHue R {A, B, C, D} n 3agaHo mHoxkecTso FD S = {A—B, A—BC, AB—C, AC—
D, B—=+C}. Mo npaBuay A4eKOMNO3nULMKN S S3KBMBANEHTHO mHOXecTBy S1 {A—B, A—C, AB—C, AC—D, B—*C}. B
petepmuHaHTe FD AC—+D MOXKHO yaanuTb aTpmbyTt C, NOCKO/IbKY Mo npasuay gononHeHma us FD A—+C cnegyet A
—+AC; no npaBuay TPaH3UTUBHOCTM BbiBoguTcAa FD A—+D, nosatomy atpubyT C B eTtepmnHaHTe FD AC—D
ABnseTca u3bbiTouHbiM. FD AB—+C moxKeT 6biTb yAa/ieHa, NOCKO/IbKY MOKET b6bITb BbiBeaeHa n3 FD A—+C (no
npaBuay nonoaHeHuns us aton FD sbiBoguTca AB—*BC, a no npasuay gekomno3nuuu ganee sbisogutca AB—C).
HakoHeu, FD A—+C ToKe BbIBOAMTCA MO NPaBuay TpaH3UTUBHOCTU U3 FD A—+B 1 B—+C. Takum 06pasom, mbl

noJsiy4aem MHoKecTBo 3aBucmumocteit {A—+B, A—+D, B—*C}, KoTopoe ABNSeTCA MMHUMaNbHbIM U SKBUBAZIEHTHO S
Mo NOCTPOEHMUIo.

MuHUManbHbLIM MOKpbIMuemMm MHoxcecmead FD S HazbiBaeTca Nt0boe MMHMManbHOe MHoXKecTso FD S1,
9KBMBanNeHTHoe S.

MocKonbKy AnAa Kaxkaoro mHoxectea FD cyuwecTteyeT sKBMBaAeHTHOE MMHUMANbHOE MHOXKecTBO FD, y
Kaxaoro mHoxectsa FD nmeetcs xoTs 6bl 04HO MMHUMAIbHOE MOKPbLITUE, NPUYEM AN €r0 HAXOXKAEHUA
He 06A3aTe/IbHO HaXOANTb 3aMblKaHME UCXOAHOFO MHOXeCTBa.

Oexkomnosunuuma 6e3 notepb U GpyHKLUOHA/IbHbIE 3aBUCUMOCTH, TeOpema XuTta

Mbl bygem obcy»KaaTb NOAX04, K NPOEKTUPOBAHMUIO PeNALMOHHbIX 633 aHHbIX Ha OCHOBE
HOpMann3aumu, T. e. AeKOMNo3uuum (pasbreHns nytem NpoeLmMpoBaHmA) OTHOLWEHWSA, HAXOAALLErOCA B
npeaplayLuien HopmanbHol dopme, Ha ABa UNM Bonee OTHOLLEHWUM, yA0BAETBOPAIOLWMX TPpeboBaHNAM
cnegytowein HopmanbHon Gopmbl.

CuunTaloTcA NPaBUNbHBIMU TaKMe AeKOMMNO3ULUU OTHOLLEHUA, KOTOoPble 06paTUMBI, T. €. UMeeTCA
BO3MOXHOCTb CO6paTb UCXOAHOE OTHOLLIEHNE U3 AEKOMMNO3UPOBaHHbIX OTHOLIEHKUI 6e3 noTepu
MHPopMauun. Takme AEKOMNO3NLUKN Ha3biBaOTCA 0ekomMno3uyuamu b6e3 nomepeo.

Teopema Xuma (KoppeKTHOCTb AEKOMNO3nLLUN).
MycTb 3agaHo oTHoweHue r {A, B, C} (A, Bu C, B 0bwem cnyyae, ABASAIOTCA COCTaBHbIMM aTpubyTamu)

BbinosHseTca FD A—B. Torpga r = (r PROJECT {A, B}) NATURAL JOIN (r PROJECT {A, C}).

Jokazamenobcmeo. [pexae BCcero, AOKaXXem, YTO B Tesie pe3y/ibTaTa eCTeCTBEHHOro coeanHeHUA
(0603Ha‘~IVIM 3TOT PE3yIbTaT Yepes rl) coeprKaTcAa BCe KOPTEXKU Te€NNa OTHOWEHUA r. ,ﬂ,eﬁCTBMTeﬂbHO,

nycTb KopTex {a, b, ¢} =r. Toraa no onpeaeneHunio onepauum B3aTMa npoekumn {a, b} =(r PROJECT {A,
B}) v {a, ¢} =(r PROJECT {A, C}). CnepnoBaTensHo, {a, b, c} =r;. Tenepb AoKaxeMm, 4To B Tene pesysbTaTa
€CTEeCTBEHHOr0 COeAMHEHMA HET IMLLHUX KOPTEXKEN, T. €. YTO ec/iv KopTex {a, b, c} <r1, 70 {a, b, c} =r.
Ecnm {a, b, c} =ry, To cywecTsytoT {a, b} =(r PROJECT {A, B}) n {a, c} =(r PROJECT {A, C}). MocnenHee
YCNI0BME MOKET BbIMONHATLCA B TOM M TOILKO B TOM C/lyyae, Korja CyLecTsyeT KopTex {a, b*, ¢} =r. Ho

NOCKoNbKY BbinosiHAeTca FD A—:B, To b = b* u, cnegosatenbHo, {a, b, c} = {a, b*, c}. Koney
doKazamenbcmea.

Ampubym B muHUMansbHO 3a8ucum om ampubyma A, ecnv BbINO/IHAETCA MUHUManbHasa cnesa FD A—
B.






